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ABSTRACT
In the last decade, methods to study single DNA
molecules under tensile load have been developed.
These experiments measure the force required to
stretchandmeltthedoublehelixandprovideinsights
into the structural stability of DNA. However, it is not
easy to directly relate the shape of the force curve to
the structural changes that occur in the double helix
under tensile load. Here, state-of-the-art computer
simulations of short DNA sequences are preformed
to provide an atomistic description of the stretching
of the DNA double helix. These calculations show
that for extensions larger that  25% the DNA under-
goes a structural transformation and a few base pairs
are lost from both the terminal and central part of
the helix. This locally melted DNA duplex is stable
andcanbeextendedupto 50–60%oftheequilibrium
length at a constant force. It is concluded that melt-
ing under tension cannot be modeled as a simple
two-state process. Finally, the important role of the
cantilever stiffness in determining the shape of the
force–extension curveandthemostprobablerupture
force is discussed.
INTRODUCTION
With the development of atomic force microscopy (AFM),
single DNA molecule pulling experiments have become very
popular [for a review see Ref. (1)]. In these experiments a
DNA strand is attached between a solid support and a force-
recording device, which can either be an atomic force micro-
scope cantilever or an optical or magnetic tweezer. The dis-
tance between the two extremities of the DNA molecule is
varied and the force required to stretch the double helix is
recorded. It is observed that the force required to stretch long
DNA tracts reaches a plateau at  70 pN and then remains
constant (2,3). This behavior has been attributed to the
formation of a new overstretched form of DNA (S-DNA) (2)
with  38 bases per right-handed turn and a helical pitch of
22 nm (4). When the helix is further elongated to about twice
the original length the force sharply increases and a melting
transition is observed at a load between 35 and 300 pN, where
the actual value depends on the sequence composition and
loading rate (5,6). For short DNA sequences, the measurement
is more complex due to the possibility of interactions between
the DNA molecule, the force-recording device and the solid
surface, as well as the inﬂuence of the geometry of attachment
and cantilever properties on the recorded force. For these
reasons, values ranging from 20 to 450 pN have been meas-
ured (7–12) for the melting of short (<20 nucleobases) DNA
oligomers. The force required for the melting of short DNA
oligomers is proportional to the logarithm of the loading
rate and, at 27 C, varies from 20 pN for loading rates of
 100 pN s
 1 to 50 pN for loading rates of  1 · 10
6 pN s
 1
(8,10,11). A transition to an overstretched DNA helix at
120 ± 70 pN has also been observed during stretching of
DNA 14mers (13); the force required to melt the 14mer in
this experiment was 0.4 nN. The structure of overstretched
DNA has not been fully characterized yet. Rouzina and
Bloomﬁeld (14–16) have proposed that the B–S transition
corresponds to force-induced melting of the double helix,
though their proposal is still the subject of debate (17).
Molecular mechanics calculations (18) and molecular
dynamics (MD) simulations of a DNA dodecamer pulled
from the 30-termini suggested that the S-form has a ladder
structure where base pairing is retained, but the nucleobases
are tilted with respect to the axis of the helix and base stacking
is interstrand, rather than intrastrand (19). The calculated force
required for the B–S transition in an (ACTG)3–(CATG)3
dodecamer was 80 pN, while the calculated melting force
is 1200 pN (19). This value is signiﬁcantly larger than values
observed experimentally (11). The difference between the
calculated and the expected melting force might be ascribed
to the approximate treatment of the solvent–DNA interactions
that in this work were modeled implicitly with a distance-
dependent dielectric constant (20). In an early study by
MacKerrel and Lee (9), where solvent and counterions were
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doi:10.1093/nar/gki1010modeled explicitly, the calculated force required to melt an
(ACTG)3–(CATG)3 dodecamer by pulling at the 50-termini
was found to be 130 ± 25 pN and complete melting was
observed at an extension of 6 nm. The stability of the ladder
S-DNA structure has been questioned by a recent MD simu-
lation of DNA stretching (21) where the entropic contributions
to the stability of an overstretched d(CGCAAAAAAGCG)
duplex were analyzed and it was concluded that the ladder
structure is unstable towards melting already at extensions of
1.5–2.0 nm.
In the last 5 years, considerable progress has been made
towards more reliable computer simulations of DNA (22). The
widely used CHARMM and the AMBER force ﬁelds have
been reﬁned to better reproduce the properties of DNA in
solution (23) and efﬁcient methods to describe long-range
electrostatic interactions have been developed (24,25). Here
we take full advantage of the latest developments, and of
the increased available computational power, to perform a
number of state-of-the-art MD simulations of pulling of a
DNA dodecamer. Calculations were performed using explicit
solvent and counterions with a Particle Mesh Ewald (PME)
method (26) to account for the long-range electrostatic inter-
actions. This computational setup has been shown to be
required in order to obtain reliable MD simulations of DNA
in solution (25). The results of the simulations allow the rein-
terpretation of some of the experimental data available on
the stretching of short DNA sequences. At variance with
the earlier calculations (18,19) these simulations predict a
sequence-dependent conformational transition at 25% exten-
sion characterized by partial fraying of the double strand and
formation of internal denaturation bubbles (9,21). This newly
formed structure is stable towards further denaturation up to
an extension of at least 50% and might be involved in the
B–S transition observed in long DNA pulling experiments.
Finally, it is discussed how the force proﬁle and rupture
force measured in an AFM pulling experiment can be inﬂu-
enced by the cantilever stiffness. This observation might
explain why very different forces have been reported in the
literature for the melting of short DNA nucleotides.
METHODS
All the atomistic calculations described in this work were
performed using the Amber 8.0 (27) suite of programs and
the Amber 2003 force ﬁeld (28). The following DNA
molecules were studied in this work: 12 poly(dA)n–poly(dT)n
DNA strands, with n ranging from 3 to 14; 12 poly(dC)n–
poly(dG)n DNA strands, with n ranging from 3 to 14; and
the d(ACTG)3–d(CAGT)3 dodecamer. Starting structures for
the DNA double helix were generated with the program
nucgen; the Arnott B-DNA form (29) was chosen as starting
conformation for all the sequences investigated. The DNA
strands were terminated with a hydroxyl group at the 30- and
50-termini. The DNA double strands were immersed in a peri-
odic box of TIP3P water (30), the size of the box was chosen
such that the minimum distance between the periodic images
was 2.4 nm in the x and y direction and 6.0 nm in the z
direction. For the d(ACTG)3–d(CAGT)3 dodecamer simula-
tion, this corresponds to a box size of  5 · 5 · 11 nm. The
negative charge of the DNA double strands was neutralized
with22 Na
+counterions, corresponding toaNa
+concentration
of  0.13 M. The counterions were placed in the regions of
largest negative potential with the program Xleap. MD simu-
lations were performed with the pmemd program. A cut-off of
0.9 nm was used for the Lennard–Jones interactions and the
real space part of the electrostatic interactions. The PME
method (26,31) was used to describe the reciprocal space
part of electrostatic interactions. This computational setup
is expected to provide reliable MD simulations of DNA tracts
in solution on the nanosecond time scale (23,32,33). The time
step for the MD simulation was 1.5 fs; constant pressure
and temperature conditions (NPT) were obtained by coupling
the system to a Berendsen thermostat (34) and barostat with
relaxation times of 2.0 and 3.0 ps, respectively. The water
molecules and the counterion positions were relaxed with
0.3 ns of MD simulation where the position of the DNA
molecules was kept ﬁxed. Subsequently each system was
equilibrated by performing 1.8 ns of NPT MD simulation
at 300 K.
Simulations of AFM pulling at constant rate
NPT MD simulations of DNA stretching were performed by
connecting the 50-terminal hydroxyl group to a harmonic
spring. The force constant of the spring was 1390 pN nm
 1
and the equilibrium distance for the spring was taken as the
distance between the 50-termini of the two DNA strands at the
end of the equilibration. During the MD simulation the equi-
librium distance of the spring was increased at a rate of 1.0 nm
ns
 1. The total simulation time was 3 ns for each poly(dA)–
poly(dA)-poly(dT) or poly(dC)-poly(dG) sequence investi-
gated. For the d(ACTG)3–d(CATG)3 dodecamer, three
pulling simulations (pull_a, pull_b and pull_c) at pulling
rates of 0.3, 0.3 and 0.12 nm ns
 1 were performed. Starting
structures were obtained performing 1.2, 1.8 and 1.8 ns of
equilibration for simulation pull_a, pull_b and pull_c,
respectively. Simulations pull_a and pull_b were carried
out until the separation of the DNA strands was observed;
while simulation pull_c was carried out up to an extension
of 9.4 nm, where the extension is deﬁned as the distance
between the 50-termini of the DNA strands. The total
simulation time was 24, 24 and 48 ns for simulation pull_a,
pull_b and pull_c, respectively. In all the simulations,
sampling of the force and energies was performed after
every 0.15 ps of MD simulation. The potential energy
surface along the pulling reaction coordinate was calculated
as the logarithmic average of the three simulations, according
to the Jarzynski inequality (35,36), while forces were
calculated as the derivative of the free energy surface (FES).
Umbrella sampling simulations
Umbrella sampling simulations were performed for the
d(ACTG)3–d(CAGT)3 dodecamer at increasing DNA exten-
sion. Five simulations were performed (u1–u5) with a restrain-
ing harmonic potential of 695, 139, 139, 139 and 695 pN nm
 1
for simulations u1, u2, u3, u4 and u5, respectively. In simu-
lation u1, 2.4 ns of MD simulation at a ﬁxed restraint distance
of 3.7 nm was initially performed. Subsequently, the restraint
distance was gradually increased by 0.2 nm in 0.3 ns of MD
simulation and the process was repeated 24 times up to a
restraint distance of 8.1 nm. For each of simulations u2, u3,
u4 and u5, 30 umbrella sampling simulations of 2.4 ns each
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to 9.7 nm. Starting structures for each umbrella sampling
were conformations taken at 0.2 nm intervals from the pulling
simulations pull_a, pull_b, pull_c and pull_b, respectively.
The last 1.5 ns of each 2.4 ns simulation were collected for
data analysis. The total combined simulation time for the
umbrella sampling calculations was 345 ns. The distance
histograms of the ﬁve simulations were combined to recon-
struct the FES according to the weighted histogram analysis
method (37) as implemented in the WHAM program by
Alan Grossﬁeld (38). Forces were calculated as the derivative
of the FES.
Energetic analysis
The energy G of a molecule in solution can be decomposed as
described in Ref. (39).
G ¼ Eint þ Gsol þ TSint
where G
sol is the free energy of solvation, E
int is the internal
energy and S
int is the conformational entropy of the molecule.
The average internal energy of the duplex can be directly
obtained from an MD simulation, while an upper bound to
the internal entropy can be calculated from the covariance
matrix of atomic positional ﬂuctuations (40). The free energy
of solvation is not directly accessible from an MD simulation
in explicit solvent, but can be calculated with an implicit
solvation model as the generalized Born (GB) approximation
(41). Thirty-ﬁve MD simulations of 4.5 ns each were per-
formed duplex at extensions ranging from 3.7 to 10.7 nm.
In these simulations the GB approximation was used to rep-
resent solvation. The last 4 ns of each trajectory were used to
calculate the internal energy E
int, solvation G
sol and entropic
S
int contributions to the duplexfree energy at increasing values
of extension. The error on the solvation and internal energy
was calculated for each extension as the SD of block averages
calculated over 150 ps intervals and ranges between 2 and
4 kcal mol
 1. The internal entropy in the limit of inﬁnite
sampling S1 is estimated from S(t) values calculated for
time frames of different lengths t using the empirical relation-
ship (21,39) given below.
SðtÞ¼S1 
a
tn

‚
where S1, a are parameters in the ﬁtting and n is equal to 2/3
(39). To estimate the error on the internal entropy in the limit
of inﬁnite sampling, the results of several simulations
should be compared. A 26.4 ns simulation at constant exten-
sion of 6.1 nm was performed. This simulation was subdivided
into four trajectories of 6.6 ns each and the error was cal-
culated as the SD between the S1 values calculated for the
four trajectories. The estimated error on the internal entropy
contribution TS
int is 10 kcal mol
 1 at 298 K.
Simulation of thetip motion during anAFM experiment
The equation of motion for the tip was integrated using a
velocity Verlet algorithm and a time step of 0.5 ns. Calcula-
tions were performed with a tip of mass 1.5 · 10
 11 kg, the
mass of a tip of resonance frequency 13 kHz and a spring
constant of20pNnm
 1,whichrepresenttypicalvaluesfortips
used in AFM pulling experiments (8,10,13). Pulling speeds
ranging between 5 and 5000 nm s
 1 were used (8,10). The
viscous friction coefﬁcient was 0.5 · 10
 3 pN s nm
 1 (42).
An analyticalexpression for the potential of mean force (PMF)
V0(x,j) (kJ mol
 1) of the DNA molecule along the pulling
coordinate x (bound and overstretched states) was obtained
by integration of a third-degree polynomial ﬁtting of the force
proﬁle obtained from the umbrella sampling simulation u5.
Coefﬁcients of the ﬁttings were 0.138483 pN nm
 3,
 17.5736 pN nm
 2, 746.791 pN nm
 1,  10612.6 pN and
0.042471 pN nm
 3,  21.956 pN nm
 2, 1346.842 pN nm
 1,
 27544 pN for the bound and overstretched state, respect-
ively. The unbound state was modeled as a state of constant
energy V0(x) ¼ 20 kcal mol
 1, roughly corresponding to the
thermal stability of the d(ACTG)3–d(CAGT)3 duplex (43).
The energy minimum of the overstretched state was set to
5 kcal mol
 1, consistently with the loss of  3 out of 12 bp in
the overstretched conformation (Figure 2). Starting conditions
for the simulations were x ¼ 3.9 nm and a random starting
velocity selected with a Boltzmann probability for T ¼ 298 K.
RESULTS
Free energy surface of the d(ACTG)3–d(CAGT)3
dodecamer under tensile load
Three simulated AFM pulling experiments were performed
by connecting the 50-termini of the DNA duplex to a harmonic
spring and increasing the equilibrium distance for the spring
at a constant rate. The Jarzynski inequality (35,36) was used to
reconstruct the unperturbed FES from the force versus exten-
sion proﬁles obtained from the three pulling simulations. The
same FES was also reconstructed using distance histograms
(37) calculated from ﬁve umbrella sampling simulations. The
two free energy proﬁles are reported in Figure 1a together with
the forces calculated as the derivative of the free energy with
respect tothe reactioncoordinate. Even inthese relativelylong
MD simulations, the DNA molecule is extended at a much
faster rate than in any real AFM experiments. This might
prevent the double helix to relax on the thermodynamically
most stable state at each extension value. For this reason, the
calculated FES provides an upper bound to the FES that would
be obtained in the limit of an inﬁnitely slow relaxation. Com-
parison of the two independent free energy proﬁles allows to
estimate the convergence of the simulations with respect to the
sampling of the space of conformations. Overlapping FESs are
obtained up to an extension of  5.5 nm, indicating that up to
that extension the sampling is sufﬁcient to obtain a converged
FES. For larger extensions the free energy calculated from the
umbrella sampling simulations is slightly smaller than those
calculated from the Jarzynski inequality. This suggests that,
after this extension, incomplete sampling can be an issue. The
larger sampling performed in the umbrella sampling simula-
tions allows further relaxation of the system and provides a
better estimate of the FES. Assuming that the entropy loss
when a double helix is formed from two immobilized single
strands is negligible, the estimated stability of a constrained
(ACTG)3–(CAGT)3 dodecamer in 1 M NaCl at 25 Ci s
19.4 kcal mol
 1 (44) (Figure 1a). This value is approached
in the umbrella sampling simulation at 6.0 nm of extension.
We conclude that in the calculations, the dodecamer is
thermodynamically stable up to an extension of  6.0 nm.
Nucleic Acids Research, 2005, Vol. 33, No. 22 7031The force proﬁles show that as the dodecamer is slightly
displaced from the equilibrium length of 3.8 nm, it behaves
as a harmonic spring of force constant  0.1 nN nm
 1. As the
lengthapproaches5.0nm,aplateauisreachedandthehelixcan
be further extended up to 7.5 nm at an almost constant force of
80pN(Figure 1b).Forextensionsthatexceed7.5nm,theforce
required to further stretch the duplex increases until the helix–
coil transition occurs. An analysis of the number of Watson–
Crickpairingspresentinthehelixasafunctionoftheextension
allows the identiﬁcation of three different regimes (Figure 2):
(i) from 3.8 to 5 nm, where the helix can be stretched without
disrupting any base pairing, (ii) from 5.5 to 6.5 nm, where 2–3
bp are lost, and the double helix can be stretched at an almost
constantforce,and(iii)after7nmanyfurtherextensionleadsto
an increase of the force and a loss of base pairing. The limit of
the thermodynamic stability (extension >6.0 nm) is located in
the constant force region, after the transition to a partially
melted helix. Unfortunately, owing to limitations in the time
scale accessible by MD simulations, it is not possible to deter-
mine the kinetic barrier to the duplex separation in the over-
stretched state. In the MD simulations, complete separation is
observed only for extensions larger than 9.0 nm.
Enthalpic and entropic contributions to
the dimer stability
Harris et al. (39) introduced an empirical approach to estimate
the entropy contribution to the free energy in the limit of
inﬁnite sampling. This method has been recently applied to
the stretching of the d(GCGAAAAAACGC) duplex (21). In
this work it was shown that it is not possible to stretch the
d(GCGAAAAAACGC) duplex over 1–2 nm without disrupt-
ing some of the base pair interactions. Interestingly, it was also
found that at extensions >2 nm the overstretched DNA
becomes thermodynamically more stable than the unrestrained
double helix (21). The free energy proﬁles calculated from the
AFM pulling and umbrella sampling simulations (Figure 1)
do not indicate any increase in the stability of the double
helix upon extension. However, there is the possibility that
the duplex is thermodynamically unstable towards melting,
but the relatively short time scale of the simulation does
notallow for the dissociation to occur fully.In order to provide
an estimate of the stability of the double helix under tensile
load in the limit of inﬁnite sampling, the scheme suggested
by Harris et al. (21) to calculate relative free energies was
applied to the DNA duplex at increasing values of extension.
According to this scheme, a GB approximation (41) is used to
calculate the internal duplex energy and the free energy of
solvation, while the internal entropy of the double helix is
calculated from the mass-weighted covariance matrix within
a harmonic approximation (40). In Figure 3 the energy versus
extension proﬁle calculated with this method is shown. The
energy proﬁle is compatible with the proﬁle calculated from
the umbrella sampling simulations up to an extension of 6.5
nm, where a sudden increase in the internal entropy of the
helix leads to a substantial stabilization of the overstretched
DNA. Such a stabilization is not observed in the proﬁle cal-
culated from the AFM pulling and umbrella sampling simu-
lations, again suggesting that for extensions larger than 6.5 nm
the sampling could be incomplete. The relative charge in the
overall duplex stability is the result of the sum of two large
contributions: the internal plus solvation and the entropic con-
tribution. While the error on the former is not large ( 3 kcal
mol
 1), the error on the entropic contribution is signiﬁcant
( 14 kcal mol
 1) and prevents a more quantitative compar-
ison. The main reason for this fact should be ascribed to the
very slow convergence of the absolute entropy with respect to
Figure1.(a)PlotofthePMF(kcalmol
 1)versusextension(nm)asdetermined
by a weighted histogram analysis of the five umbrella sampling simulations
(solid line), or from the three AFM pulling simulations using the Jarzynski
equality (dashed line). (b) Plot of the force (pN) versus extension (nm). Forces
have been obtained as the derivative of the PMF calculated from the umbrella
sampling (cross) or the pulling simulations (plus).
Figure 2. Numberof Watson–Crick basepairs as a function of the d(ACTG)3–
(CAGT)3 extension (nm). The presence of a base pair is assumed when the
N1–N3 distance for A:T or G:C is <0.4 nm. The values reported here are
averages over all the conformations sampled in the umbrella sampling and
AFM pulling simulations.
7032 Nucleic Acids Research, 2005, Vol. 33, No. 22the simulation time when multiple states can be populated
(45). It should also be pointed out that the use of the harmonic
approximation provides an upper bound to the real entropy of
the system (40). For a system of Lennard–Jones particles and
forthe idealgastheharmonicapproximationoverestimatesthe
entropy by  5 and  20%, respectively (45). An error of 5%
in the internal entropy a DNA dodecamer corresponds to
 150 cal mol
 1 K
 1. Although error cancellations might
improve the quality of the data in favorable cases, relative
free energies calculated with this methodology should be
treated with caution.
In conclusion, the energy versus extension proﬁles obtained
from AFM pulling and umbrella sampling simulations and
calculated with the method of Harris et al. (39) provide a
consistent picture of the duplex stretching up to an extension
of 6.0–6.5 nm, where the duplex appears to become unstable
and begins sampling a larger number of conformations. This is
in line with the observation that in the umbrella sampling
simulations base pairs are reversibly broken and reformed
only up to an extension of  6.5 nm; after this limit any rupture
of a base pair contact is irreversible.
Structure and melting pathway of a DNA double helix
under tensile load
Early calculations in implicit solvent (19) have suggested that
DNA under tension undergoes a structural transition to a
ladder-like form called S-DNA which is responsible for the
force plateau observed experimentally for extensions larger
than 30–60% the equilibrium length of the DNA duplex.
A force plateau for extensions larger than 5 nm, roughly cor-
responding to a displacement of 25% from the equilibrium
distance, is indeed observed in the present calculations. How-
ever, this plateau is produced by the rupture of a few Watson–
Crick base pairs (Figure 2) and consequent disruption of the
helix structure; S-DNA has not been observed in any of the
simulations performed here. The probability of dissociation at
different helix extensions has been calculated for each base
pair as an average over all the simulations performed
(Figure 4). The duplex can be stretched without loss of any
base pairs up to 5 nm (Figure 5a), where the A1:T 24 base pair
becomes unstable towards melting and in all simulations it is
lost for extensions >5.5 nm. Subsequently, between 5.5 and
6.0 nm, the terminal C:G pairs (C2:G 23 or G12:C 13) and two
of the internal A:T pairs (T7:A 18 and A9:T 16) are destabil-
ized. The loss of one or two out of these four contacts is
sufﬁcient to stabilize the remaining base pairs and to extend
the duplex up to 7 nm at a constant force. The loss of an
internal base pair allows a large relaxation of the phosphate
backbone that leads to local opening of the minor groove and a
substantial (50%) unwinding of the helix (Figure 5b). In most
of the simulations, this relaxation appears to be stabilized by a
Na
+ ion localized in the denaturation bubble that is formed
upon opening of one of the internal base pairs (Figure 5b).
Any extension over 7 nm produces a number of further
melting events and leads to the progressive separation of the
double helix. This reaction pathway for the ‘mechanically
induced’ helix to coil transition can be compared with the
pathway for the thermally induced helix to coil transition as
determined from NMR experiments. In these experiments it is
found that at low salt concentration (0.01 M NaCl) the helix to
A1:T24
C2:G23
T3:A22
G4:C21
A5:T20
C6:G19
T7:A18
G8:C17
A9:T16
C10:G15
T11:A14
G12:C13
5.0 5.5 6.0 6.5 7.0 7.5 8.0
Extension (nm)
Figure 4. Ruptureprobabilityasafunctionofextension(nm)foreachbasepair
of the d(ACTG)3–(CAGT)3 dodecamer. Probabilities are indicated in white
(40%), light gray (60%), dark gray (80%) and black (>80%). The presence of a
base pair is assumed when the N1–N3 distance for A:T or G:C is <0.4 nm. The
values reported here are averages over all the conformations sampled in the
umbrella sampling and AFM pulling simulations.
Figure 3. DNA energy as a function of extension.The DNA energy (blue) was
obtainedasthesumoftheinternalenergy,solvationfreeenergyandconforma-
tionalentropy.Theinternalplussolvationenergies(green)werecalculatedwith
the GB/SA approximation (41). The internal entropy contribution TS1 (red)
was calculated from the mass-weighted covariance matrix using a harmonic
approximation (40).
Nucleic Acids Research, 2005, Vol. 33, No. 22 7033coil transition approaches a two-state process and melting of
the double helices begins at the ends of the duplex and then
propagates into the core (46,47). However, in 0.1 M NaCl an
intermediate state, characterized by structural changes in the
internal A:T base pairs, is also observed (46). The mechanical
pathway determined here in 0.13 M Na
+ is remarkably similar
to the thermal pathway determined in 0.1 N NaCl, as in both
cases the helix to coil transition cannot be described as a two
steps process but involves the formation of an intermediate
state with structural rearrangements in the core of the helix.
Structural properties of short poly(dA)–poly(dT) and
poly(dC)–poly(dG) DNA tracts under tensile load
The sequence dependence of the DNA helix stability under
tensile load was further investigated by performing pulling
MD simulations of poly(dA)n–poly(dT)n and poly(dC)n–
poly(dG)n DNA molecules of increasing length. For each of
the two DNA types, 12 sequences of length ranging from 3 to
14 bp were stretched. In each experiment, the 50-termini of the
two strands were linked to a harmonic spring and the equilib-
rium position of the spring was increased by 3.0 nm at a rate
of 1.0 nm ns
 1. The relative extension at which the poly(dA)–
poly(dT) and poly(dC)–poly(dG) terminal and the internal
base pairs starts to open is reported in Figure 6. The plot
clearly shows that A:T base pairs have a tendency to open
earlier than C:G base pairs, consistent with the results of the
d(ACTG)3–d(CAGT)3 calculations and with the lower ther-
modynamic stability of A:T pairs with respect to G:C pairs
(43). At variance with the thermal melting pathway, for G:C
base pairs there is not a well-deﬁned tendency for the terminal
base pairs to open much earlier than the internal ones. In
conclusion, Figure 6 shows that in mixed sequences there
might be a preference for the opening of internal A:T base
pairs with respect to terminal C:G. However, it should be
noted that the location of the most unstable steps is also expec-
ted to be determined by the overall DNA sequence composi-
tion. This might explain why in the d(ACTG)3–d(CAGT)3
Figure 5. Umbrellasamplingsimulationofd(ACTG)3–(CAGT)3.Structuresobtainedfromsimulationu4at5.0nm(a)and6.5nm(b)ofextension.Thebondofthe
DNAmoleculesarerepresentedasstickscoloredaccordingtotheatomsparticipatinginabond(carbon—cyan,oxygen—red,nitrogen—blue,phosphorous—green).
The Na
+ counterions are represented as balls. Water molecules and hydrogen atoms are not shown for the sake of clarity.
Figure 6. AFM pulling simulations of d(A)n–d(T)n and d(C)n–d(G)n. Number
of broken Watson–Crick base pairs as a function of extension for the terminal
A:Tbasepairs(solidline),theinternalA:Tbasepairs(dashedline),theterminal
C:Gbasepairs(dottedline)andtheinternalC:Gbasepairs(dashed-dottedline).
7034 Nucleic Acids Research, 2005, Vol. 33, No. 22dodecamer A9:T 16 appears to be signiﬁcantly less stable than
the other internal A:T pairs (Figure 4).
Influence of cantilever stiffness on the rupture force
Very different values for the rupture force of a short
(10–30 bases) DNA double helix have been reported in the
literature. Rupture forces obtained for short DNA sequences
can be broadly subdivided in two categories: (i) values
>100 pN, usually obtained with stiff cantilevers (7,9,13)
and (ii) values <100 pN, usually obtained with soft cantilevers
(8,10–12). An inﬂuence of the cantilever stiffness on the rup-
ture force is expected, in particular if the energy surface is
characterized by multiple states and the possibility of rebind-
ing is allowed (48). The MD simulations performed here
suggest that the DNA under tensile load can be described
as a three-state system with a bound, an overstretched and
an unbound state. The inﬂuence of the cantilever stiffness
on rupture force measurements has been investigated by per-
forming numerical simulations of the tip motion during an
AFM pulling experiment. These simulations include the effect
of the temperature, the cantilever stiffness and the viscous
drag. In a typical AFM pulling experiment, one strand of
the DNA duplex is attached with some linker molecule to a
surface, while the complementary strand is connected to an
AFM tip (1). The tip is attached to a ﬂexible cantilever that is
retracted at a constant rate v. Following previous works, we
assume that the cantilever can be represented by an harmonic
spring of effective spring constant k which includes contribu-
tions arising from the presence of non-polymer extensible
linker molecules (48,49). The potential for the DNA-
cantilever system is given below (50).
Vðx‚tÞ¼V0ðxÞþ
k
2
ðx vtÞ
2‚ 1
where x is the position of the tip. The corresponding 1D
Langevin equation of motion for the tip is given as
follows (51):
m
@2x
@t2 ¼
@V0ðxÞ
@x
þ kx kvtþ h
@x
@t
þ xxðtÞ‚ 2
where m is the mass of the tip, V0(x) is the PMF of the DNA
helix along the pulling coordinate x calculated from the MD
simulations, h is the viscous drag coefﬁcient (42) and xx is a
random force that represents the effect of thermal ﬂuctuations
(51). The DNA helix is described as a three-state system with
a bound, an overstretched and an unbound state:
Vðx‚t‚jÞ¼V0ðx‚jÞþ
k
2
ðx vtÞ
2: 3
Hopping between the states ji and jj occurs according to the
rate (52):
ki!j ¼ Ae DEij=kbT‚
where the rate of hopping ki!j depends on the energy differ-
ence DEij(x) between the two states i and j and A is the rate of
hopping between state of the same energy.
Force–displacement proﬁles were calculated from numer-
icalintegrationofEquation2usingavelocityVerletalgorithm.
Simulations were performed with two cantilevers of different
stiffness (20 and 200 pN nm
 1) and loading rates varying from
83 to 83000 pN s
 1. Typical loading rates applied in AFM
pulling experiments range between 100 and 10000 pN s
 1.
The energy proﬁles for the bound and overstretched states
were obtained from a polynomial ﬁt of the ﬁrst and second
part of the force proﬁle calculated from the umbrella sampling
simulation u5 (Figure 7). Two force–displacement curves
obtained with cantilevers of 20 and 200 pN nm
 1 at the same
loading rate of 8300 pN s
 1 are reported in Figure 8a. While
the stiffest cantilever follows the PMF surface up to the
detachment, the softer cantilever ‘snaps’ at the ﬁrst maximum
Figure 8. Numerical simulation of an AFM pulling experiment. (a) Force
versus time plots for experiments performed with a soft (20 pN nm
 1—solid
line)andastiff(200pNnm
 1—dashedline)cantilever.Theloadingrateinboth
experiments is 1000pN s
 1.( b) Loading rate dependence of the most probable
ruptureforceforexperimentsperformedwithasoft(20pNnm
 1—squares)and
a stiff (200 pN nm
 1—diamonds) cantilever. Averages and SDs for each data
point were calculated from the result of 30 numerical experiments performed
with different initial velocities.
Figure 7. Two-state model representation of the DNA double helix under
tensileload.Ananalyticalexpressionfortheforcerequiredtostretchthebound
(solid line) and the overstretched (dashed line) states was obtained by fitting to
a third-degree polynomial the forces calculated from the umbrella sampling
simulation u5 (crosses) at low (from 3.5 to 5.0 nm) and moderate (from 5.5 to
6.8 nm) extensions, respectively.
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that is accumulated in the soft cantilever and that is released
when the ﬁrst transition state is reached (also see Appendix 1).
The distance traveled by the tip after snapping depends on the
force constant of the cantilever and, for forces of a few tens of
pN, may vary between few angstroms for a stiff cantilever and
few nanometers for a soft cantilever. Therefore, if more than
one transition state is present, a soft cantilever does not sample
uniformly the potential energy surface, but hops between equi-
librium states. It is possible that during the snapping motion
the molecule attached to the tip is rapidly overstretched to a
high-energy elongated conformation without the possibility to
relax before rupture (48). This will occur in particular if the
snapping motion is much larger than the value of thermal
ﬂuctuations, as in the case of a small molecule pulled with
a soft cantilever.
Figure 8b shows a comparison of the rupture forces calcu-
lated from numerical simulations at loading rates ranging from
83 to 83000 pN s
 1. Over a large range of loading rates the
rupture force for the stiff cantilever is constant, while the
rupture force calculated for the softer cantilever is linearly
dependent on the logarithm of the loading rate. The two forces
eventually match at very high loading rates. This is the typical
behavior of a system with more than one energy barrier where
rebinding is allowed (48). This model is consistent with the
observation that for stiffer cantilevers a higher force (7,9,13),
independent of the loading rate (7), is required to separate the
duplex, while for softer cantilevers the unbinding force is
lower and linearly dependent on the logarithm of the loading
rate (8,10,11).
Finally, some confusion might arise from the deﬁnition
of loading rate, which in the literature is sometimes deﬁned
as kv. As pointed out by several authors and demonstrated in
Appendix 1, the loading rate is in fact a function of the PMF
(8,10,48,53). It approaches kv only in the limit of very fast
pulling with a very soft cantilever. This result prevents the
direct comparison of data obtained with cantilevers of differ-
ent stiffness (53), unless the functional form of the stretch
modulus of the system is known (Appendix 1).
DISCUSSION
The overall picture that emerges from the umbrella sampling
and AFM pulling simulations of the d(ACTG)3–d(CAGT)3
dodecamers is very similar (Figure 1a and b). In both cases
a ﬁrst conformational transition is observed at a force of
<100 pN and an extension of 25%. During this transition
between two and three terminal, internal base pairs are lost
and a locally melted double helix is formed. This event is
associated with a 50% unwinding of the helix and severe
distortion of the phosphate backbone (Figure 5b). This locally
melted DNA conformation is stable up to an extension of
 50% and can be stretched at an almost constant force
( 80 pN). After 60% of extension the force required to stretch
the duplex increases and any extension is associated with the
loss of base pairs. Calculation of the PMF for the DNA-
cantilever system suggests that soft cantilevers are likely to
‘snap’ at the barrier for the ﬁrst conformational transition
at 25% extension, while experiments performed with a
more rigid cantilever may also probe the second barrier at
50–60% of extension. Furthermore, it is shown that experi-
ments performed at the same loading rate with cantilevers of
different stiffness can give very different results in terms of
rupture force and force–extension curves. These ﬁndings may
provide an interpretation for the large spectrum of rupture
forces measured in different dynamic force spectroscopy
experiments where forces ranging from tens to hundreds of
pN are required to melt short DNA duplexes in different
experiments (7–10,12,13).
In the d(ACTG)3–d(CAGT)3 simulations, melting of non-
terminal base pairs has been invariably observed for exten-
sions exceeding 6.0 nm. This is not completely unexpected, as
melting in a central position allows for the largest degree of
unwinding and conformational ﬂexibility. Opening of central
base pairs was also observed in previous simulations by Harris
et al. (21) and MacKerrel and Lee (9). Interestingly, in
the d(CGCAAAAAAGCG)–d(GCGTTTTTTCGC) sequence
simulated by Harris et al. (21) there is no terminal A:T
base pair and in the simulations the central A:T base pairs
invariably open before the terminal C:G. This observation is
completely consistent with the results of the AFM pulling
calculations of poly(dA)–poly(dT) and poly(dC)–poly(dG),
indicating that A:T internal base pairs are destabilized at
lower extensions with respect to terminal C:G pairs. The
observation that under tensile load some internal base pairs
can dissociate earlier than the terminal base pairs also suggests
why in a recent work (12) the stability of C:G base pairs was
found to be essentially the same as those of A:T pairs. In this
work, the assignment of a rupture force to the loss of a speciﬁc
base pair was based on the assumption that base pair opening
proceeds sequentially from the termini to the center of the
helix (12). If this assumption is incorrect, then it is likely
that A:T rupture events have been assigned to C:G base
pairs and vice versa. The net result would be that very similar
average forces are calculated for the rupture of an A:T and a
C:G base pair.
In summary, this work provides a detailed description of
the structure and energy of a DNA dodecamer under tensile
load and allows the interpretation of the experimental results
in terms of the formation of a locally melted DNA double
strand at 25% extension. This intermediate form can be
stretched at constant force and is stable up to at least 50%
extension.
The MD simulation results suggest that for a dodecamer
the so-called B–S transition is in fact partial melting of the
helix. This interpretation is also consistent with several obser-
vations coming from experiments performed on long DNA
tracts, namely (i) the B–S transition has properties similar
to a melting transition (14–16), (ii) unwinding greatly reduces
the force at which the B–S transition occurs (4), and (iii)
S-DNA is formed at an extension of  10–20% and can be
stretched up to  80% before melting occurs. (17). However, it
is not clear if the results obtained for a dodecamer are relevant
at all for the interpretation of data obtained from stretching
of much longer sequences and further studies are needed to
investigate this issue.
Finally, our calculations indicate that a limited stretching
and free energy change are required to locally open the double
helix. The opening can occur at the termini or in the central
part of the duplex, and there are strong indications that
the position of the opening can be sequence-dependent. We
7036 Nucleic Acids Research, 2005, Vol. 33, No. 22therefore suggest that the mechanism of locally melting a
DNA double helix with applied tension might have some
biological relevance as it provides a pathway to open the
double helix in a speciﬁc position with a relatively low effort.
ACKNOWLEDGEMENTS
The author thank C. Micheletti, G. Scoles and J. Gale for their
valuable suggestions and J. Gale for reading the manuscript
before submission. This work was funded by the Australian
Research Council through a Research Fellowship and by the
government of Western Australia through a Premier Research
Fellowship. Computer resources were provided by the
australian national computing facility (APAC). Funding to
pay the Open Access publication charges for this article was
provided by the Nanochemistry Research Institute.
Conflict of interest statement. None declared.
REFERENCES
1. Lavery,R., Lebrun,A., Allemand,J.-F., Bensimon,D. and Croquette,V.
(2002) Structure and mechanics of single biomolecules: experiment and
simulation. J. Phys. Condens. Matter, 14, R383–R414.
2. Cluzel,P.,Lebrun,A.,Heller,C.,Lavery,R.,Viovy,J.-L.,Chatenay,D.and
Caron,F. (1996) DNA: an extensible molecule. Science, 271, 792–794.
3. Smith,S.B., Cui,Y. and Bustamante,C. (1996) Overstretching B-DNA:
the elastic response of individual double-stranded and single-stranded
DNA molecules. Science, 271, 795–799.
4. Le ´ger,J.F., Romano,G., Sarkar,A., Robert,J., Bourdieu,L., Chatenay,D.
and Marko,J.F. (1999) Structural transitions of a twisted and stretched
DNA molecule. Phys. Rev. Lett., 83, 1066–1069.
5. Clausen-Schaumann,H., Rief,M., Tolksdorf,C. and Gaub,H.E. (2000)
Mechanical stability of single DNA molecules. Biophys. J., 78,
1997–2007.
6. Rief,M., Clausen-Schaumann,H. and Gaub,H.E. (1999) Sequence-
dependent mechanics of single DNA molecules. Nature Struct.
Biol., 6, 346–349.
7. Lee,G.U.,Chrisey,L.A.andColton,R.J.(1994)DirectMeasurementofthe
force between complementary strands of DNA. Science, 266, 771–773.
8. Strunz,T.,Oroszlan,K.,Scha ¨fer,R.andGu ¨ntherodt,H.-J.(1999)Dynamic
force spectroscopy ofsingle DNA molecules.Proc. Natl Acad.Sci. USA,
96, 11277–11282.
9. MacKerrel,A.D.J. and Lee,G.U. (1999) Structure, force and energy of a
double-stranded DNA oligonucleotide. Eur. Biophys. J., 28, 415–426.
10. Pope,L.H., Davies,M.C., Laughton,C.A., Roberts,C.J., Tendler,S.J.B.
and Williams,P.M. (2001) Force-inducedmelting ofa short DNA double
helix. Eur. Biophys. J., 30, 53–62.
11. Schumakovitch,I.,Grange,W.,Strunz,T.,Bertoncini,P.,Gu ¨ntherodt,H.-J.
and Hegner,M. (2002) Temperature dependence of unbinding forces
between complementary DNA strands. Biophys. J., 82, 517–521.
12. Sattin,B.D.,Pelling,A.E.andGoh,M.C.(2004)DNAbasepairresolution
by single molecule force spectroscopy. Nucleic Acids Res., 32,
4876–4883.
13. Noy,A.,Vezenov,D.V.,Kayyem,J.F.,Meade,T.J.andLieber,C.M.(1997)
Stretching and breaking duplex DNA by chemical force microscopy.
Chem. Biol., 4, 519–527.
14. Rouzina,I. and Bloomfield,V.A. (2001) Force-induced melting of the
DNAdoublehelix.1.Thermodynamicanalysis.Biophys.J.,80,882–893.
15. Wenner,J.R.,Williams,M.C.,Rouzina,I.andBloomfield,V.A.(2002)Salt
dependence of the elasticity and overstretching transition of single DNA
molecules. Biophys. J., 82, 3160–3169.
16. Williams,M.C., Wenner,J.R., Rouzina,I. and Bloomfield,V.A. (2001)
Effect of pH on the overstretching transition of double stranded DNA:
evidence of force-induced DNA melting. Biophys. J., 80, 874–881.
17. Cocco,S., Yan,J., Le ´ger,J.F., Chatenay,D. and Marko,J.F. (2004)
Overstretching and force-driven strand separation of double-helix DNA.
Phys. Rev. E Stat. Nonlin. Soft Matter Phys., 70, 011910.
18. Lebrun,A. and Lavery,R. (1996) Modelling extreme stretching of DNA.
Nucleic Acid Res., 24, 2260–2267.
19. Konrad,M.W. and Bolonick,J.I. (1996) Molecular dynamics
simulation of DNA stretching is consistent with the tension observed for
extension and strand separation and predicts a novel ladder structure.
J. Am. Chem. Soc., 118, 10989–10994.
20. Hingerty,B., Richie,R.H., Ferrel,T.L. and Turner,J.E. (1985) Dielectric
effects in biopolymers: the theory of ionic saturation revisited.
Biopolymers, 24, 427–439.
21. Harris,S.A., Sands,Z.A. and Laughton,C.A. (2005) Molecular dynamics
simulations of duplex stretching reveal the importance of entropy in
determining the biomechanical properties of DNA. Biophys. J., 88,
1684–1691.
22. Cheatham,T.E.III (2004) Simulation and modeling of nucleic acid
structure, dynamics and interactions. Curr. Opin. Struct. Biol., 14,
360–367.
23. Reddy,S.Y., Leclerc,F. and Karplus,M. (2003) DNA polymorphism:
a comparison of force fields for nucleic acids. Biophys. J., 84,
1421–1449.
24. Cheatham,T.E.III, Miller,J.L., Fox,T., Darden,T.A. and Kollman,P.A.
(1995) Molecular dynamics simulations on solvated biomolecular
systems: the Particle Mesh Ewald method leads to stable
trajectories of DNA, RNA and proteins. J. Am. Chem. Soc., 117,
4193–4194.
25. Sagui,C. and Darden,T.A. (1999) Molecular dynamics simulations of
biomolecules: long-range electrostatic effects. Annu. Rev. Biophys.
Biomol. Struct., 28, 155–179.
26. Essman,U., Perera,L., Berkowitz,M.L., Darden,T.A., Lee,H. and
Pedersen,L.G. (1995) A smooth Particle Mesh Ewald method.
J. Chem. Phys., 103, 8577–8593.
27. Case,D.A., Darden,T.A., Cheatham,T.E.,III, Simmerling,C.L., Wang,J.,
Duke,R.E., Luo,R., Merz,K.M., Wang,B., Pearlman,D.A. et al. (2004)
AMBER 8. University of California, San Francisco.
28. Duan,Y., Wu,C., Chowdhury,S., Lee,M.C., Xiong,G., Zhang,W.,
Yang,R.,Cieplack,P.,Luo,R.andLee,T.(2003)Apoint-chargeforcefield
for molecular mechanics simulations of proteins. J. Comp. Chem.,
24, 1999–2012.
29. Arnott,S. Polynucleotide secondary structures: a historical perspective.
In Neidle,S. (ed.), Oxford Handbook of Nucleic Acid Structure.
Oxford Press, Oxford, pp. 1–38.
30. Jorgensen,W.L., Chandrasekhar,J. and Madura,J.P. (1983) Transferable
intermolecular potential functions for water, alcohols, and ethers.
Application to liquid water. J. Chem. Phys., 79, 926–935.
31. Darden,T.A. and York,D. (1993) Particle Mesh Ewald: an N log(N)
method for Ewald sums in large systems. J. Chem. Phys., 98,
10089–10094.
32. de Souza,O.N. and Ornstein,R.L. (1997) Effect of periodic box
size on aqueous molecular dynamics simulation of DNA
dodecamer with particle-mesh Ewald method. Biophys. J., 72,
2395–2397.
33. Norberg,J. and Nilsson,L. (2000) On the truncation of long-range
electrostatic interactions in DNA. Biophys. J., 79, 1537–1553.
34. Berendsen,H.J.C., Postma,J.P.M., van Gunsteren,W.F., DiNola,A. and
Haak,J.R. (1984) Molecular dynamics with coupling to an external bath.
J. Chem. Phys., 81, 3684–3690.
35. Jarzynski,C.(1997) Nonequilibrium equalityfor free energydifferences.
Phys. Rev. Lett., 78, 2690–2693.
36. Park,S., Khalili-Araghi,F., Tajkhorshid,E. and Schulten,K. (2003)
Free energy calculation from steered molecular dynamics simulations
using Jarzynski equality. J. Chem. Phys., 119, 3559–3566.
37. Ferrenberg,A.M.andSwendsen,R.H.(1989)OptimizedMonteCarlodata
analysis. Phys. Rev. Lett., 63, 1195–1198.
38. Grossfield,A. WHAM. (1.14). Last accessed December 12, 2003.
39. Harris,S.A., Gavathiotis,E., Searle,M.S., Orozco,M. and Laughton,C.A.
(2001) Cooperativity in drug–DNA recognition: a molecular dynamics
study. J. Am. Chem. Soc., 123, 12658–12663.
40. Schlitter,J. (1993) Estimation of absolute and relative entropies of
macromolecules using the covariance matrix. Chem. Phys. Lett., 215,
617–621.
41. Tsui,V.andCase,D.A.(2000)Moleculardynamicssimulationsofnucleic
acids with a generalized Born solvation model. J. Am. Chem. Soc.,
122, 2489–2498.
42. Alcaraz,J., Buscemi,L., Puig-de-Morales,M., Colchero,J., Baro ´,A. and
Navajas,D. (2002) Correction of microrheological measurements of soft
samples with atomic force microscopy for the hydrodynamic drag
on the cantilever. Langmuir, 18, 716–721.
Nucleic Acids Research, 2005, Vol. 33, No. 22 703743. Owczarzy,R., Vallone,P.M., Gallo,F.J., Paner,T.M., Lane,M.J. and
Benight,A.S. (1997) Predicting sequence-dependent melting stability of
short duplex DNA oligomers. Biopolymers, 44, 217–239.
44. Breslauer,K.J., Frank,R., Blo ¨cker,H. and Marky,L.A. (1986) Predicting
DNAduplexstabilityfromthebasesequence.Proc.NatlAcad.Sci.USA,
83, 3746–3750.
45. Scha ¨fer,H., Mark,A.E. and van Gunsteren,W.F. (2000) Absolute
entropies from molecular dynamics simulation trajectories. J. Chem.
Phys., 113, 7809–7817.
46. Patel,D.J., Kozlowski,S.A., Marky,L.A., Broka,C., Rice,J.A., Itakura,K.
and Breslaner,K.J. (1982) Premelting and melting transitions in the
d(CGCGAATTCGCG) self-complementary duplex in solution.
Biochemistry, 21, 428–436.
47. Tran-Dihn,S., Neumann,J.M., Huynh-Dihn,T., Lallemand,J.Y. and
Igolen,J. (1982) DNA fragment conformations IV—helix-coil transition
and conformation of d-CCATGG in aqueous solution by
1H-NMR
spectroscopy. Nucleic Acids Res., 10, 5319–5332.
48. Evans,E. (2001) Probing the relation between force-lifetime and
chemistryinsinglemolecularbonds.Annu.Rev.Biophys.Biomol.Struct.,
30, 105–128.
49. Hummer,G. and Szabo,A. (2003) Kinetics from nonequilibrium
single-molecule pulling experiments. Biophys. J., 85, 5–15.
50. Hummer,G. and Szabo,A. (2001) Free energy reconstruction from
nonequilibrium single-molecule pulling experiments. Proc. Natl Acad.
Sci. USA, 98, 3658–3661.
51. Dudko,O.K.,Filippov,A.E.,Klafter,J.and Urbakh,M.(2003)Beyondthe
conventional description of dynamic force spectroscopy of adhesion
bonds. Proc. Natl Acad. Sci. USA, 100, 11378–11381.
52. Ritort,F., Bustamante,C. and TinocoJR,I. (2002) A two-state kinetic
model for the unfolding of single molecules by mechanical force.
Proc. Natl Acad. Sci. USA, 99, 13544–13548.
53. Contera,S.A., Lemaı ˆtre,V., de Planque,M.R.R., Watts,A. and Ryan,J.F.
(2005) Unfolding and extraction of a transmembrane a-helical peptide:
dynamic force spectroscopy and molecular dynamics simulations.
Biophys. J., 89, 3129–3140.
APPENDIX
Loading rate and potential energy as a function of
cantilever stiffness
Here, an analytical expression for the total energy of the
DNA-tip system and of the loading rate is derived. If thermal
fluctuationsareneglected,thepositionofthetipinthefirstpart
of the pulling can be derived analytically from Equation 1
assuming a quasi-equilibrium condition:
@Vðx‚tÞ
@x
¼
@V0ðxÞ
@x
þ kðx vtÞ¼0
xðtÞ¼ 
1
k
@V0ðxÞ
@x
þ vt: 4
In this regime the PMF of the system Veq(x) is not time-
dependent:
VeqðxÞ¼V0ðxÞþ
1
2k
@V0ðxÞ
@x
2
‚ 5
where [(1/2k))(@V0(x)/@x)
2] is the difference between Veq(x)
and V0(x) and represents the elastic energy accumulated in
the cantilever during the equilibrium pulling. Note that this
difference is inversely proportional to the spring constant of
the cantilever. When the first local maxima of the force is
crossed, this elastic energy is released as the tip starts traveling
towards the cantilever at high speed, until a new equilibrium
position is found.
The loading rate rf is defined as follows:
rf ¼
@ðxðtÞ vtÞ
@t
: 6
This equation immediately shows that the approximation
rf ¼ kv is only valid if x(t) is negligible. In the quasi-
equilibrium regime it is possible to derive rf analytically by
substituting Equation 4 into Equation 6:
rf ¼ kv ·
@2V0ðxÞ
@x2 ·
1
k þ
@2V0ðxÞ
@x2
7
Theequationaboveshowsthatrf kvonlywhenk [@
2V0(x)/
@x
2].This isclearlynotthe case formostofsinglebiomolecule
AFM pulling experiments where the stretch modulus of the
molecule is usually comparable with the force constant of
the cantilever. For these reasons, very different behaviors
can be observed for cantilevers of different spring constant,
even if the same loading rate kv is applied.
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